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gwed in this paper are finite.
mal = Sormation § is a class of groups which is closed under taking homomorphic
“-:h that each group G has the smallest normal subgroup (denoted by G‘é&with
@uetens == F. The product 1§ of the formations 90t and $ is the class (G|G®
Let p £ w C P. A formation § is called w-saturated if F contains every group G with
G 0. GINn®(G)) € F. A formation § is called N,-saturated [2] if §F cor&a@ Very group

G with G/¢(0,(G)) € §
The intersection of all w-saturated formations which contain soxfﬁ)&&' group G is called
a one-generated w-saturated formation.

A non-trivial factorization of a formation F [1] is a produc §182..-8t, t > 2, where
8i # (1) for all 4 = 1,2,...,¢. In this note answering Que 19 from [1] we give the
description of non-trivial factorizations of one-generated rated formations.

Lemma 1. Let 9, §) be non-empty formations such $H C § for some one-generated
saturated formation §. Assume that M # (1). The Qﬁy simple group A € 9N is abelian.

Lemma 2. Suppose that 95 is a M,-saturate ation where ¢ € w such that MH C F
for some one-generated w-saturated formation uppose that for some prime p we have
M, C S(5). And let M # (1). Then |A| :gq%or each simple group A in 9.

Lemma 3. Let §F = 9 be a produ@ formations I and §H . Suppose that each simple
group in M is abelian. Suppose that re a group A € MM and a natural number m such
that for all groups B € $ with )B| > W the $i-residual of the wreath product T = A1 B is
not contained subdirectly in th roup of T'. Then there is a group Z, of prime order p
such that Z, € MN $H and

Lemma 4 Ll § = were every simple group in I has a prime order p. Then

=A% (A/A") € S. groups A € .

Lelnma 5. Let D15). And let N9 = 5 for some prime p. If for every simple group
A €M we have P, then ¥ = 5.

LebDH C § where § 1s a one-generated w-saturated formation, M is a

Let m be the minimal w-local satellite of 9. Suppose that there are
& sir gmupAsuchthatAEm(p) and |A| # p. Then A ¢ $ and the
) € F where § is a one-generated w-saturated formation. Suppose
L= “m order such that |A| ¢ w. Then % is abelian.

5 Jor every simple group A € I we have |A| =
“ﬁdlgmupsAEﬁ the.ﬁmzdualofﬂ;e
m group of the wreath product T. Then
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(b) $ is an abelian one-generated formation and m(H) Nw C x(M); (c) for all groups
A €9 and B € $ we have (JA/F,(4)|,|B|) =1, (4/0,(4)],|B]) = 1.

Lemma 11. Let § = 9§ be the product of non-identity formations M and H # F.
Suppose MM C N,,. Then § is a one-generated w-saturated formation if and only if |7 (M)| <
00, m(H) Nw C (M), H(w') is a one-generated formation and either IT(IM)| > 1 and H is
a one-generated formation or w(9M) = {p} for some prime p and $H(p) is a one-generated
formation.

We use F,(G) to denote the intersection Nye, Oy ,(G)

Theorem 1. The product

§F=%82... 5

is a non-trivial factorization of some one-generated w-saturated formation § if ‘and only if
§i # (1) for alli=1,2,... ,t and one of the following statements is true:
(1)  there ezist an index i, a prime p € w and a one-generated formation § such that

F=Fi.. . Fe =MH

m(§) Nw = {p} and if i > 1, there |A| = p for all groups A in IN - Fiys

(2) there ezist an index i < t and a prime p € w such that §...5; = M, and if
H=Tir1...8e, then 1(H) Nw C {p} and the formations $H{p) and H(p') are one-generated;

(8) t=2,F C N, T, is a one-generated formation'und 1 < |7 (F1)| < oo;

(4) t=2,F is a one-generated w-local formation,in NI N,mega; F, is an abelian
one-generated formation such that () Nw Car(§) and for all groups A€ F, and B€ T,
it is true that (|A/F,(A)|,|B| = 1, |(A/O.(4)], |B) = 1;

(5) t=3,51 C My, 1< |7(F)| <ONGs is a one-generated abelian Jormation and
for every p € (1) the formation Fp(p) is,a one-generated nipotent formation and for all
groups A € F, and B € s it is truethat 7 (A/0,(A)) N7 (B) = .

Pesiome. HerpusnanbHas ¢arropusanms dopManun F [1]— 310 mpousBemenme F =
$182. .. t > 2, tae §i #A1)Mpra Beex § = 1,2,...,t. B sr0i 3aMmerke, oTBedas Ha
Bonpoc 19 u3 [1], Mu naév-emdicanue HETPUBHAJIbHLIX (DaKTOPH3AnMi OJHONOPOXK IEHHBIX
W-HACBIIIEHHBIX (opMalmit,
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